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Result 2 and the Main Theorem in the paper entitled "Differential 
Inequalities in Ordered Banach Spaces for Two-point Boundary Value 
Problems" published in J. Math. Anal. Appl. 104 (1984), 484-488, are in 
error. I shall present an example to prove this, point out the mistake, and 
give a correction to the main theorem. 
To make the problem clear, I shall quote notions and Result 1 and 2 and 
the theorem from the paper [13. 
Let B be an ordered Banach space and f(t, Yl, Y2) be a function from 
J xBxB- ,  B, where J=  [0, b], b>0.  The function f is said to satisfy 
monotonicity condition Q if 
yl <,Zl, y2~z2 implies f ( t ,z~,z2) - f ( t ,  yx,y2)>>,O. 
RESULT 1. Let B be an ordered Banach space and D be a closed subset 
of B. Let J *~ R 3 be the set of all (t, z, 7) such that 0---<7 4 r 4 t ~< b. Sup- 
pose k(t, ~, 7, Yl, Y2): J* × D x D ~ B is continuously differentiable map in 
J* for fixed Yl, y2ED, monotone increasing in Yl, Y2 and satisfies a 
Lipschitz condition 
hk(t, z, 7, y l ,  y~) - k(l ,  ~, 7, Zl, z2)l 
L1 lYl-- Zll + L21y2-z21 
for 
(t,z, 7)6J* and yl,y2, zl,z26D. 
Let C2(J, D) be the set of all continuously differentiable maps from J---~ D. 
Suppose 
f Jo (KO)(t) = g(t) + k(t, z, 7, ~b(7), ~b'(7)) @ dz, 
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where g( t ) : J~D is continuously differentiable, and maps C2(j, D) into 
itself. Then the equation y = Ky has exactly one solution y ~ C( J ,  D). 
RESULT 2. Assume that the hypothesis of Result 1 holds. 
w e C2(j, D) satisfy 
w(t)>~g(t)+ k(t,r, 7, w(?) ,w' (?) )dy& i n J  
Let 
then y(t) ~ w(t) in J. 
THEOREM. Let B be an ordered Banach space and f: J x  Bx  B--* B be a 
continuously differentiable map in t for f ixed y 1, Y2. Suppose f satisfies con- 
dition Q and also satisfies Lipschitz condition 
]f(t, yl,  y2) - f ( t ,  zl, z2)l ~<L1 ]Y l - z l l  +L2 l y2 -  z21 
for rE J, y l ,y2,  zlz2EB. (i) 
I f  v and w are functions from J to B which possess continuous econd-order 
derivatives in J and satisfy 
(i) w(0) >/v(0), 
(ii) w(b)>>.v(b), 
(iii) w"- f ( t ,  w, w') >~ v" - f ( t ,  v, v') in J, then w(t) >i v(t) in J. 
Now, I shall point out that the mistake of the theorem is a consequence 
of Result 2 which is wrong. In fact, all the hypotheses of Result 2 can not 
guarantee that (Kwo)'<~(wo)', where Wo=W and (Kwo)(t )=g(t)+ 
~o~;k(t, r, 7, Wo(7), w;(7))d7 dr. But the last inequality was used in the 
proof of Result 2 in the previous paper. 
Here is an example to prove that the theorem itself together with 
Result 2 is wrong. 
EXaMVLE. Let J=  [0, 3g/4], B = C°(J), f ( t ,  Yl, Y2) =Y2- It is clear that 
f satisfies condition Q and also satisfies Lipschitz condition (!) with L 1 = 0 
and L2 = l. Choosing w(t) = C, where C is a constant with ,~/2  ~< C < 1, 
and v(t)= sin(t), one can see that 
(i) w(O)=C>v(o)=o, 
(ii) w(3n/4)= C>~v(3zr/4)=,~/2, 
(iii) w" - f (t ,  w, w') = 0 >1 v" - f (t ,  v, v') = -s in(t )  - cos(t) in 
J= [0, 3~/43. 
In other words, all the conditions of the theorem are satisfied. But 
w(~/2) = C<v(zc/2)= 1, so the theorem as well as Result 2 is in error. 
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Finally, I shall give a correction to the above theorem. It will be true if 
hypothesis (ii), i.e., w(b) >~ v(b), in the theorem is replaced by the following 
assumption that 
w'(0) >~ v'(0), (2) 
and all of the other hypotheses remain unchanged, 
In fact, carrying out exactly as in the proof of the theorem in [1], one 
obtains 
d"(t)-g(t, d(t), d'(t))>/0, (3) 
where d(t)=w(t)-v(t),  and g(t, y l ,yz)=f( t ,v( t )+yl ,  v'(t)+y2)- 
f(t, v(t), v'(t)). With the present hypothesis (2), one has, by virtue of (3), 
that 
d'(t)>/ g(s, d(s), d'(s)) ds 
Again from hypothesis (i) in the theorem and (4), one obtains 
(4) 
d(t) >1 g(z, d(z), d ' (z) )  dz ds. (5) 
In the situation that (4) and (5) hold, Result 2 can be used to confirm that 
d(t)>~O, or w(t)~v(t), in J, because 0 is the unique fixed point of the 
equation y = Ky = ~'o ~o g(z, d(z), d'(z)) & ds, as shown in [13. 
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